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Abstract

There are 1,000 of us and one victim. We each increase the level

at which a “discomfort machine” operates on the victim—leading to

great discomfort. Suppose that consecutive levels of the machine are

so similar that the victim cannot distinguish them. Have we acted

permissibly? According to the “no-difference argument” the answer

is “yes” because each of our actions was guaranteed to make the

victim no worse off. This argument is of interest because if it is sound,

similar arguments threaten intuitive moral verdicts about many cases

in which a large number of individual choices cumulatively make a

great difference, while each choice seems to make no difference on its

own. But the argument is not sound, as is shown by a simple objection

based on a plausible dominance principle—an objection that avoids

challenges that have been brought against previous criticisms of the

no difference argument.

Keywords: No-difference argument, group harms, collective ac-

tion problem, imperceptible benefits, imperceptible harms, collective
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1 Introduction

There are one thousand of us, and one victim. Each of us must indepen-
dently decide whether to raise our hand. If i of us raise our hands, the victim
will be zapped by a “discomfort machine” operating at power level i. At
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level zero the machine produces no discomfort, and at level one thousand
it produces horrible discomfort. But the difference in sensation between
any two consecutive levels of the machine is so small that the victim would
not be able to distinguish between them (Glover and Scott-Taggart 1975,
174-5, Kagan 2011, 116, Nefsky 2019, 6, Parfit 1984, 76, Quinn 1990).

Nothing but the victim’s well-being is at stake. Knowing all of the
above, is it morally permissible for you to raise your hand?

Many of us answer: no. But some worry about the following no-difference
argument: Raising your hand would increase the power level of the machine
by just one unit, and hence not lead to any distinguishable difference to
the victim. So raising your hand is guaranteed not to make the victim any
worse off, and hence is permissible.

This argument is of interest because if it is sound, structurally identical
arguments threaten intuitive moral verdicts about many cases in which a
large number of individual choices cumulatively make a great difference,
while each choice seems to make no difference on its own. For example,
some altruistic acts benefitting a great number of people might be thought
to have effects that are so dispersed as to be imperceptible (Parfit 1984,
76). The same might be said about the harms associated with some indi-
vidual acts of pollution (Kagan 2011, Sinnott-Armstrong 2005). In each
case one might worry that a “no-difference” argument shows that the rel-
evant cumulative effects do not bear on whether each individual act is
permissible.

Where does the no-difference argument go wrong? One might argue
that it goes wrong by depending on an untruth:

No Threshold. For all i ≤ 999, being zapped at power level i+1
is not worse than being zapped at power level i.

Several authors have replied to the no-difference argument by criticiz-
ing No Threshold—or rather, analogs of it for similar cases (Arntzenius
and McCarthy 1997, Barnett 2018, 8-9, Broome 1997, Broome 2019, 124–126,
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Carlson et al. 2021, 6, Hedden 2020, §3, Kagan 2011, 132, Norcross 1997,
Parfit 1984, 79, Voorhoeve and Binmore 2006, 107). These criticisms of
No Threshold have significant force but are open to challenges: that they
depend on questionable claims about the reliability of experience reports or
controversial claims about vagueness or on how to resolve the sorites para-
dox (Nefsky 2011, Nefsky 2019; though see Regan 2000, 53–54); that they
employ disputed semantic assumptions about the transitivity of relations
of the form exactly as F as; or that they rely on contestable Pareto principles
concerning the well-being of groups (Carlson et al. 2021, §4, Montminy
2022, §3). So it would be good to have a response to the no-difference
argument that is not vulnerable to these challenges, and that is on as secure
a dialectical footing as possible. My aim is to give such a response. My
focus is narrow: I aim to show that the no-difference argument is unsound,
but will not address other arguments that share its conclusion—such as
“inefficacy” arguments which grant that each individual act might make a
difference, but hold that the chance of making a difference is so small that
it does not affect the act’s permissibility (Budolfson 2019, 1714, Kagan 2011,
108).

2 The no-difference argument

The no-difference argument depends on two claims:

(i) Raising your hand is guaranteed not to make the victim
worse off.
(ii) If raising your hand is guaranteed not to make a victim
worse off, it is permissible.

What support is given for each claim? To get clear on what supports
(i), notice that what happens to the victim is determined by the state of
the world outside of your control (how many others raise their hands),
together with your act (whether you raise your hand). So to say that an
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act is “guaranteed not to make someone worse off” is to say that in each
state, they are not worse off if you perform the act than if you don’t.1 So
understood, (i) depends for its support on No Threshold, repeated here for
convenience:

No Threshold. For all i ≤ 999, being zapped at power level i+1
is not worse than being zapped at power level i.

No Threshold in turn depends on the thought that zappings at consecutive
levels of the machine are indistinguishable, together with an unstated
principle that it is worse to be zapped at one level than another only if the
two levels are distinguishable. Both the thought and the principle can be
challenged (Graff 2001, Regan 2000, §1), but I set such challenges aside here
in order to criticize the no-difference argument from another angle.

Turn now to (ii). What motivates it is a more general principle saying
that in certain circumstances, acts which are guaranteed to make things no
worse are permissible (Bales et al. 2014, 460, Doody 2019, 561, Hare 2010,
242, Schoenfield 2014, 267):

Permissible. If (a) your choice is to perform an act or not, (b) noth-
ing but a particular person’s well-being is at stake, and (c) for
each state that person is not worse off if you perform the act
than if you don’t, then the act is permissible.

The bottom line is that the no-difference argument crucially depends
on both No Threshold and Permissible. So to answer the no-difference
argument it is enough to show that their conjunction is false. That is the
next order of business.

1I have given a gloss in the spirit of causal decision theory as opposed to evidential
decision theory, but this is inessential: at the cost of some awkwardness (and some extra
assumptions about the evidential independence of states on your action) the discussion
could be made neutral between the two theories.
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3 Notation and premisses

The argument against the conjunction of Permissible and No Threshold
requires some notation and three premisses. Start with the notation: Let Zi

be the simple prospect of being zapped by the machine at power level i. Let
L[A, B, . . . ] be the chancy prospect of being subjected to one of A, B, . . ., cho-
sen at random by L, where A, B, . . . are a finite number of simple prospects
and L is a fair (uniform) lottery. For example, if F is a particular fair coin
toss then F[Z10, Z500] is the prospect of being zapped at level 10 if the coin
lands heads and level 500 if it lands tails. (Within specifications of lotter-
ies, order matters. So for example, F[Z500, Z10] would be the “reversed”
prospect of being zapped at level 500 if the coin lands heads and level 10
if it lands tails.) Let variables A, B, . . . range over simple prospects, and
variables X, Y, . . . range over both simple and chancy prospects. Finally, let
X ≺ Y be the claim that being subjected to X is worse than being subjected
to Y. This claim will also sometimes be abbreviated “X is worse than Y”,
its negation will sometimes be written “X 6≺ Y”, and the claim that X is
much worse than Y will be written “X ≺≺ Y”.

Now for the three premisses, which I introduce in turn. The first premiss
is:

Harm. If it is permissible to subject a victim to X rather than
Y (given a choice between the two), then it is not worse to be
subjected to X than Y.2

Since prospects are restricted to lotteries over various power levels of a
discomfort machine, since only a single victim’s well-being is at stake, and
since (we may assume) no promises or special personal relationships or
obligations are involved, this premiss is highly plausible.

2Choices are assumed to be fully informed in the sense that the options are explicitly
specified lotteries and the chooser knows exactly how good or bad each lottery outcome
is.
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To motivate the second premiss, imagine that you have a ticket that
gives you a one-in-a-million chance of winning $1 billion. Officials ask
whether you wish to trade that ticket for one that instead offers a one-in-
a-million chance of “winning” a year of extreme discomfort. Tempted to
trade? Of course not—the discomfort ticket is obviously worse. This is true
regardless of whether the two tickets depend on the same chance process.
And it would still be true if the tickets also offered chances of additional
prizes—provided that the additional prizes were the same for each ticket,
and had the same chances. These ticket trades make one worse off because
they replace the chance of one outcome with an equal chance of a much
worse outcome, while leaving the chances of all other outcomes unchanged.

Notice that the above judgments do not depend on special assumptions
about how good or bad the additional prizes are, or even whether the
additional prizes can be assigned numerical levels of goodness. To illustrate
this, suppose for the sake of argument that a particular finite set Q of prizes
cannot be assigned numerical levels of goodness. For example, perhaps
one of the prizes is so alien and bizarre that it is incomparable to winning
$1 billion, and also incomparable to a year of extreme discomfort (Hare
2010, 239). (Two prizes are incomparable if they are not equally good, and
neither is worse than the other.) Or perhaps three of the prizes are such
that the first is not worse than the second, and the second is not worse than
the third—but the first is worse than the third.

Now suppose that you have a ticket that gives you $1 billion with a
one-in-a-million chance, and otherwise gives you a prize chosen uniformly
at random from Q. Officials ask whether you wish to trade that ticket for
one that gives you a year of extreme discomfort with a one-in-a-million
chance, and otherwise gives you a prize chosen uniformly at random from
Q. In this case, too, trading would be unwise.

The second premiss, Worsen, is a special case of the idea that trades of
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the above sort always make one worse off:3

Worsen. If A′ ≺≺ A then
L[B1, B2, . . . , Bn, A′] ≺ L[A, B1, B2, . . . , Bn].

The third and final premiss, Endpoints, is a stipulation from the initial
case: that being zapped at level one thousand is much worse than being
zapped at level zero:

Endpoints. Z1000 ≺≺ Z0.

4 An argument against the conjunction of Permissible and No Threshold

To show that Permissible and No Threshold are not both true, it is enough
to show that if Permissible is true, then No Threshold is false. So assume
for the sake of argument that Permissible is true. I will now argue that
given Harm, Worsen, and Endpoints, it follows that No Threshold is false:4

(1) If Ai 6≺ Bi for all i ≤ n, then it is permissible to choose
L[A1, A2, . . . , An] over L[B1, B2, . . . , Bn] (given a choice between the two).

If Ai 6≺ Bi for all i ≤ n, then L[A1, . . . , An] 6≺ L[B1, . . . , Bn].(2)

L[Z1, Z2, . . . , Z999, Z1000] ≺ L[Z0, Z1, Z2, . . . , Z999].(3)

Not: (Zi+1 6≺ Zi for all i ≤ 999).(4)

(1) is an application of Permissible to chancy prospects.5 (Permissible

3Worsen follows from the conjunction of a finite statewise dominance principle
(Williamson forthcoming, 9, Doody 2021, 250) and the principle that prospects are equiva-
lent when they offer the same chances of the same outcomes (Hare 2010, 240-1, Meacham
2019, 999 Doody 2021, 249, Williamson forthcoming, 8). That said, I mean to use the ticket
comparisons in the main text to motivate Worsen directly.

4This argument is a modal analog of the “staircase argument” (Barnett 2018, 8-9), where
modal variation (different possible outcomes of a lottery) replaces interpersonal variation
(different actual outcomes to members of a population).

5Throughout I leave implicit that the stated constraint is claimed to hold for all simple
prospects A1, A2, . . . , B1, B2, . . . and all uniform lotteries L.
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applies in this way because replacing each Bi with Ai ensures that for each
state—result of lottery L—the victim is not worse off if the replacement
is performed than if it is not.) (2) follows from (1) and Harm by modus
ponens. (3) follows from Endpoints by Worsen. (4) follows from (2) and (3).
But (4) is the negation of No Threshold, so the argument is complete.

The overall conclusion is that Permissible and No Threshold are not
both true, and hence the no-difference argument is unsound.

Notice that this argument avoids challenges that might be raised against
previous responses to the no-difference argument: It relies on no claims
about the reliability of experience reports. It does not depend on claims
about the transitivity of relations of the form exactly as F as, or on Pareto
principles concerning the well-being of groups. It employs no sorites-style
reasoning and assumes no particular account of vagueness. (Admittedly,
the argument does concern a series of cases whose successive elements
differ at most to a small degree. But the argument does not appeal to a
tolerance premiss. It does not, for example, assume—even for reductio—
that if Zi is painless then so is Zi+1.) Nor does the argument beg questions
about vagueness by ruling out from the start that the “worse than” relation
is vague. And the argument does not illicitly settle controversial questions
about sharp cutoffs. (For example, according to some views of vagueness:
(4) is true, but no cutoff claim of the form “Zi+1 ≺ Zi” is true.)

So however strong the case against the no-difference argument was
before, it is now even stronger.
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